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CONTINUATIO |
CIRCULI QUADRATUR A,

NOVISSIMAE ET BREVISSIMA,

' e A
P ROB L-EMA: IV
§- 13. Jeterminave partes conflituentes fummam, cujus numeratoy
eft aggvegatum ex wirogue faforve denominatoris.

Sit denominator {ummz = mo & numerator = o T, h.e.
fic ille aggregatum ex utroque faltore 0 & m denominatoris o s erit
fumma ipla Zofm — o t+'m— 1 11

mo mo mo ' m o ;

Theorema = Si numerator fumme eft aggregatum - ex utvoque
- fatfore denominatoris 5 neceffe eft , ut umus faffor fit denominator
unius pavtis, alter faffor denominator alterins, €5 unitas numera-
tor utriusque pavtis. ] ‘

§: 14. Corollayinm, ‘Si itaque {umma fuerit = dta; erunt

ad
partes conftituentes. exceflum & defetum I & L s & quidem ( per
a4 o >
S 4. ) prior excessus & posterior defeSus.

§- 15. Scholion. Hanc veritatem effe indubitatam , colligi po-
teft ex inveftigatione lunwle velpondentis diam. quadrato = 1, quam
Juppono nondwm effe inventam: Sit itague vatio hujus quadrati ad
lunulam exceffiva , ut 4:1 1= 8¢ 3 & defectiva ut 4:2=12:2;
evunt lunule 3 € 2 = 35 & 315: confequenter 35 — 35 =28 fum:
ma exceffus € defelus (§ 2.) , cujus numeratoy efft = dta = 12138,
Evgo (per § 4.) exceflus oft § € defeftus & . Sit deinde vatio ex-
ceffiva, ut 4:13% =24: 76 defectiva, ut 4: ¢ = 28: 6 erunt
lunule 7 5= 335 & 184 ¢ tonfequenter 375 — 3= 22 fumma
exceffus € defellus , cujus numerator eft = dta = 28t 24. Ergo
excellus eft % & defellus 3. Fam cum hi excefus [ubdufti ex lu-
nulis excellivis , € defeflus additi ad defefivas , manifeflent utros
bique lunulam = % : confequenter rationem ejus ad diam. . quadratuns’
eoudem , que veperitur per Theovema Hippocratis 5 dubitari wequit
quin-exceffus € defeftus per Problema 111, legitime determinentur,
Pergamus jam & cognitis ad incoguita : Sit vatio quadrati diame-
&ri = 1 ad fegmentum ei re[pondens excefliva , ut 64 : 95 = 512{?;’73




& defeltiva, ut 64 : 83 = 256 135+ evunt fegmenta’ 7% € 2% =
7555 & 720, confequenter SRS — 30 o tes o fumma ex
ceffus & defetius , cujus mumerator eff = dta = 256 t 512, Ergo
exceffus eft 515 € defetlus 5%s: confequent® fegmentum verum [z = 3.
vel 3% = 5 & ad quadvatum diom. ut %2 1= o:64. Sit deande
vatio exceffiva , ut 64: 9% = 256 : 37 & defeftiva, ut 64: 82 = 192 :
26 : erunt [egmenta. s €5 25 = Jisk €5 ss S5 @ confequenter
I

=
—

R, oV

c

s 3 491 %
Foisz —— aaisz = asiiz Jumma exceflus € defeltus cujus hmerator
eft = dta=1921256. Ergo excelfus eft ;%; & defeltus ;35 : con-
Jequenter fegmentum verum 535 = & wvel AL = 2 & ad quadrBium
diametri , ut f:15=9: 64. Eft igitur diameter ad peviph. ut § : 25

(5 8)-
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S 16.  Determinave tam excellum , quam defelum [umme , cu-
jus numeyator eft preecife aggregatum ex multiplis dewominatorum
dta; vel ex multiplo denominatovis unins € Jimplo altevius.

Sit coefficiens denominatoris @, h . e; numerus indicans, quo=

- ties ille fpic fibimet additus, = m, & cocfliciens denominatoris @ = /:

erit famma exceflus & defé@us = mdtla— mdtla =m+l . Sic deinde
“od " sdad o 3

numerator fummz = mdta; vel dtla, he. fic agpregatum ex multi=
plo denominatoris d ac fimplo denominatoris @, & vice versa : erit
fumma ipla in 1mo cafu = mdie = mdta = mil, & in fecundo
st ad ad ad o d

= ez dtlas 11D ex quo fluic

ad i adoadiiwod :

Regula : Si numevator [umme eft aggregatum ex multiplis do-
nominatorum dta #a, ut non possit vefolvi in Plure, quam in 2
guultipla 5 vel fiille eft oggregatym ex multiplo denominatoris d ac
Jimplo denominatoris a, € vice verfa; tunc cocficienti denominato-
vis dy, vel fi mullus adeft, unitati fubfevibatuy denominator ‘quasiti-
tatis excelfive €5 habebitur excelfus s contra coefficienti denominato-
7is A, vel fi mullys adeft, unitati [ubfovibatur denominator quans
titatis defeltive , € habebitur defeitus. : ’

§- 17 Scholion'I. 'Ad illufirandum & confirmandum’ hoc pro-
blema , invefligetur  denuo lunnla vefpondens diam. quagrato = 1 2 Sit
itaque vatio hujus quadrati ad lmulam excefliva , ut 4 T2 R0y
& defelliva ut 413 =32:5+ erunt lunulee: per wivamque rationem
mvenie 3% € 5= 5 € S5, confequentey Pk o 38 = toa
Jumma_excelfus €5 defebtus, cujus iumerator eft ‘= 2diza = 641108,
Lam cum coefficiens denominatoris d fit 2, & denominatoris a 55
Sevibatur fub 2 denominator quantitatis exceflive, €5 habebituy ex:
oeffus,isy Jub 3 autem [wibatuy denominator guaniiiatis c/;fr‘c’l‘ffz'zgz &

habe-




habebivur <defefus 2. t deinde vatio ewf[[zm, ut 43 1% = 1675
& defettiva , ut 4 ; = 70 ST evunt lunnle 5 €5 % = 199 €9 16,
Hit=

- -
confequenter 135 — & — 38 Jumma exceffus U defeltus, cujus
Weratoy eﬁ—-dt;a = 20764s fam tum denominator d nullo coeffi-
clente [fit ~affelfus ; fubliwribatuy unitati denominatoy quantitatis  ex-
//w[e s 1t ‘modmt exceflus 7% ; aef]mefn 4 denominatovis a autem
/Lib cribatur denominator guantitatis defeltiva', ut habeatur defeffus 2
St demqfw vatio e.xw/f'm, Ubcas 1l = € defelliva mf
S =28:6 " evunt lunalz Ta é’ﬁ g R mnfxzqne;ztﬁr
§ T &%= 338 [ummia exceflus € defefius, cujus  wumerator eft
dta=84 ¥16. lam cum coefficiens denominatoris d fit 3 ; fub-
ibatur ei: deneminator quentitatis exceflive , ut habeatuy mctj_/qzs 2.
wiam vero demominator a cavet cocfiiciente , fzb/u,(mlm nnita-
ve;zomnmt v quantitatis defellive , & habebitur defelltus 3%, Cum
ague ablatis exceffibus ex lunulls ewrce/jzws, vel additis defettibus
ad defeflivas , hic quoque prodeat luwnula vera — 35 palam eft , ex-
ceffus €5 defeltus per problema” proccedens exatie pofle determinari.
§. t8. Scholion II. Sit diameiv; quadvatum = 1, vatio ejus
ad [egmentum exceffiva , ut G4 : 02 = 300 47 & vdefeltivn ut 64 ¢
8% =256 : 33 vt [%mwlt 5 = gaad g gaec confes .
‘quenter 12332 7 cp/fus & defeftus 5 cujus
2

W,

numevatoy eft /xRS
&' defeftus 335 : Orz/f’("?l{‘htr? \/ eg? whtnm VerINn 55 355 = 5 = on
7 ey

el Ry umuﬂc vatio mrf,fw, U
i 04-c 8 = 19 25¢
SHirs L COnfequenter 2348 £
¢fellus , cnjus wmer Jf ¥ eft- = cﬁ, a—= 1927
€7 defelius 25 z()nﬁm enter

el
Gl
4

iz c/‘",‘zgzze un‘zo excefliva

vel
192 ¢ 128 : 17 evumt /?’mnmtﬂ
27 2 64 a4 *
S e 3 24425 fum
7a em.j/ 5 cujus nmuterator eft = 2dTa = 256 1 192.
£rgo exceffu ofellus  Lq : wu/apwztp" jeqmermm ve-
PHNLSE2s it s el s T ol fzs = &+ Brgo fegmen:
tum eff ad. qu Uuenz up Zoo 1. =9t 04, confeguenter di-
8F
aneter ad pevipheriam , ut g : (§.8)

§: 19, QChOhuﬂ 11T Szl d'mzzetu =1, ratio ejus ad peri-
phevicm excefiua, ut § :252 =24 57, & defelliva,, ut §: 247 =
40 121 erunt pevipheric. pev uty mww rationem gnvente 11 €5 LAr
— i &5 298443 L~O;i/;,tj7,[,g:f(,w. = z@yr:‘t s jwuqm, exce ,/ 15 €9 de-

16. )

j![l/ta s CHIUS numergtor eft = adiga= 8o196. Frgo (p er S
zxufzzs ;g/l‘ 2 & defellus £ con /emm,m pw/):/lc;m verd
71
L S )

27 Z
e i = A vel WA SR 23, Sit deinde ratio excef-
Jwa,




Jiva , ut 826 € defeffiva , ut §: 245 =72 217: evunt pevipherice:
s & =13z & 1, confequmtw T ¥R =28 fumma ex-
cef[us 65 defebfus, wjus numerator eft = di 8d = 72764, Ergo ex-
ceffus eft 5 & defeltus 5 , confequenter ;omzphmu verg 28 — L2

8
vel 2:71— 8 =225 = 25, Sit denique vatio mwbma, ut § : 452 = 561187,
4

7 b ) 7
&9 defeﬁwa, uwt 8§ 24 5 evunt peviphevioe *£F Ejrf“ = 1848 £ Lina
confequenter THF— T = 15% fumnm Px(e/jus &5 defetlus, cujus

numerator eft = 6dta = 48156  Ergo exceflus eft 5 €3 defelius § ¢
confequenter pmpherm vera Y5 =% vel ¥V =%, Ejft itague dig-
meter ad pevipheviam , ut ¥ % = §: 235.

§. z20. Corollarium. (,um igitar per infinitas. rationes numeras
tor fumma excefus & defeftus evadat aggregatum ¢x denomiuatoris
bus quantitatum exceflive & defective 1nio ﬁmphs, deinde  muilei<
plis , ac tandem c¢x mu Itiplo denominatoris unius atque ex fimplo
alterius,, & in quovis cafu, ablato exceflu ex quantitate excefliva
vel addico defeftu ad defeGivam , conftanter prodcac eadem ratio,
nempe : quadrati diametri ad lunulam wez:1; & ad fegmentum
ut 64 9; & ratio diametri ad perlphcxnm ALEE gy cvﬂma e&
quamlibet ex ratiocinio legitimo & ex principiis inconcuffis, non au-
tem ex combinatione arbitraria numerorum , effz deduftam,

THEOREM A.

§. 21. Peripherie Ludolphina, Mectiana & Archimedea pecs
cant in exceflu: 1A 335, 2da L & 3tia 5p diametyi.

Demonftratio. Quoniam ratio per quemcunque numerum 3tium
multiplicata manet femper eadem ; mul:xphcetur ratio Ludolphi a
Ceulen 100 : 314 per_2, quo falto oritur = 200: 628. Aflumtis
deinde diametro = 1 & ratione ejus ad’ peripheriam defettiva gt 24ds

628 z ~— 0 Bo
prodeunt peripherie 28 & 28 = So2sgaiony confcqucmcx e R
oo a2 le fumma exceflus* & defeétus ( § 2.), cujus numeratos

et = 3IZTL1 = 2at200. Ex{,o (pcr §. 16.) excelus eft 53, & de-
fcGus L. Quod evat vmum.

Ratio Adviani “Metii 113+ 355 mulriplicata per g, dat
= 04: 1340, quz cum defectiva 8 : 24 efficit pesipherias 25%° &

=
6 S 5
2 = 22120 & 23035 L‘onﬁ.qucntcr 22LED — RAEPE 1924 fimmaexe
ceflus & ddg&ngs, cujus numerator €t = 15dfa = 120T904. Hrgo
exceflus eft L & defectus . Quod erat Jecundum.
Ratio A; chimedis 1 : 313 multiplicata ‘per 68 prodic =

§68: 1784, que cum’ defetiva g : 24 manifeltat periphcrqs 1788 8

583
z; - 114511? & 7345_62142’ LOII(LqHCntCX 12?;2;732 =, 1':56.'242 - K’;EE mmmd exXe
ceffus. & defeétus , cujus numeraror eft = o0dTy = 7215638, hrgo X~
ceffus et -2; & defettns I Quod evat 3tium.

ﬁu:qtmnﬁ:ﬂ&@:@::m:&s:«;x

b3









Biblioteka Jagielloriska

(1N

stdr0026012







